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EKOQNHZEIZ

OEMA 10

A.

Na anodesi&eTe 0TI 0 V°S OpOC WIAG apIBUNTIKAG NPoOdOU YE NPWTO OPO d; KAl
dlagopa w €ival a, = a; + (v-1)w.

Movadeg 7
B. Na ypawete oTo TETPAdIO 004G TO ypAauuad nou avTIOTOIXEI OTn OwoTh
anavrnon.
Av log.0 = X, TOTE:
a.a® = x B.x=0 y.a*=10
Movadeg 3
. Na ypawete oTo TeTPAdIO 004G TO ypauua nou avTIOTOIXEI OTn OwoThH
anavrnon.
Av S, oupBoAilel To ABpoicua TwWV APWTWV V OpwWV MHIAG YEWUETPIKNG
npoodou a, Ye Adoyo A # 1 kal npwTo Opo a;, TOTE €ival:
A—1 A =1 1-AY
a. S, =q 1 B. S, =0, 1 Y-S, =a, 1
Movadeg 3
A. Na ypayere oTo TETPAdIO ©AC TO YPAUMA MOU QAVTIOTOIXEI OTN OWOTN
anavrnon.
O TUNOG nou ek@padel TNV €pAnToPEVN TNG Ywviag 2a eivai:
a. sdh2a :ﬂ B. ed2a :28—4)0; Y- €b2a :LOL2
1-eh2a l+edp’a l1-edp a
Movadeg 3
E. Na ypayeTe oTo TETPADIO OAC TIC NAPAKATW NPOTACEIC 0pOA CUUNANPWHEVEG:
a. O BaBuog Tou yivousevou OUO PN PNOEVIKWY NOAUWVUU®Y Eival i00G PE TO
....... TV BABUWV TWV NOAUWVULWY QUTWV.
B. Tpeig un undevikoi apibuoi a,B,y €ival d1adoxikoi Opol ....... npoodou, av
Kal povo av 1oxvel B2 = ay.
Y. Av a sival &vag BeTikog apiBuoc kar a+l, 10TE n cuvaptnon f(x) = a*
EXEI OUVOAO TINWV TO OIACTNHA .......
Movadeg 9
OEMA 20
MNa kabs npayuaTiko apiBuod x va anodeieTe OTI:
ouvx(nNu2x + 4nux) = (ouv2x + 40uvx + 1)nux
Movadeg 12
Kal va BPEiTE EKEIVOUC TOUG NpaypaTikoug apiBuolcg X yia TouG onoioug
ouv2x + 4ouvx + 1 =0.
Movadeg 13




OEMA 3o
AiveTal n akoAouBia pe yevikd 6po ay = -11 + 2v pe NpwTO OpO 4y KABWC KAl TO
NOAUOVUMO P(x) = x3-3x?-x+3.

a. Na anodesi&ete 0TI n akoAouBia a, e€ival apiBunTIKA NPOodOC Kal £XEI NPWTO
0po a; = -9 kai dilapopd w = 2.
Movadeg 9
B. Na Bpeite To daBpoioua S = aip+0aiz+...+0p;, ONOU  dip, A13, ..., Op1  Eival
d1adoxIkoi 6pol TG Npoodou ay.
Movadeg 7
Y. Na anodeifeTte 0T o1 pilec Tng €€iowaong P(x) = 0 e€ival diadoxikoi 6pol TNG
napandvw npoodou a,.
Movadeg 9

OEMA 40
AivovTal ol cuvapTioeig f(x) = In(e** - 2e*+ 3) kai g(x) = In3 + In(e* -1).

a. Na Bpeite Ta nedia opioyol Twv f(x) kar g(x).

Movadeg 6
B. Na Auocete Tnv €&iowon f(x) = g(x).
Movadeg 10
Y. Na AUoete TnVv aviowon f(x) > 2g(x).
Movadeg 9




AMNANTHZEIZ

OEMA 10

A. Ocwpia nap. 3.2 oeA. 95.

B. H owom anavtnon sivainy

. Howomy anavtnon sivai n B

A. H owotn anavtnon €ivai n a

E.a. O BaBuog Tou yivopevou OUO Un HNOEVIKWV MOAUWVUHWY €ivdl i00C PE TO

AGPOIZMA TwV BABUWV TwWV NOAUWVUUWY AUTWV.

B. Tpeic un undevikoi apiBuoi a, B, y €ival diadoxikoi opol FEQMETPIKHZ
npoodou av kai povo av ioxvel: B = av.

Y. Av a gival €vag BeTIKOG apiBuog kal a# 1 ToTe n cuvaptnon f(x) = a* €xel

oUvoAo TipGv To diaotnua  (0:+0)

OEMA 20

Eivar:

ouvx(Nu2X + 4nux) =

= guVXNU2X + 4NPXOUVX =
2NUXOUV2X + 4nNuUXOUVX =
nux(20uv2x + 40uvx) =
nux(ouv2x + 1 + 4guvx) =
(ouv2x + 4ouvx + 1)nux.

Akoun:

ouv2x + 40uvx + 1 =0 <

< 20Uvx -1+ 40uvx +1 =0

< 20uvx(ouvx + 2) = 0 <

< ouvx =0 n ouvx = -2, (aduvaTtn)
S X =Ko+ n/2PeEKe Z.

OEMA 3o

Engidn civai:

Quep - Gy = [-11 4+ 2(v+1)] = [11 + 2v] = (-11 + 2V + 2) - (-11 + 2v) =
=-11+2v+2+11-2v=2vyiakabev € N,

npokUNTel OTI n akoAouBia a, = -11 + 2v pe v € N, sivar apiBunTikn
npoodo¢ UE:

e Mpwtoodpoa;=-11+2-1=-11+ 2 = -9 kai

e Alapopd w = 2

'EXOUE:

S=ap+0ai3+ ... +0ap =

= (-114212) + (-1142'13) + ... + (-11+221) =
= (-11)'10 + 2.(12+13+...421) =

= 110+ 2721 102 110 433 10 = -110 + 330 = 220

ExoUME P(X) =0 © X*-3x*-x+3 =0 &
X*(x-3)-(x-3)=0<© (x-3)(x*-1)=0 <
(x-3)(x-1)(x+1)=0
Apax=3n1x=1nRQx=-1.




Enopevwg via:

e X=3€X0UNe: 3 =-11+2vS 2v =14 & v =7,

e X=1¢€xoupe: 1 =-11+2v &S 2v =12 & v =6,

e X =-1gxoupe: -1 =-11+2v < 2v =10 & v =5,

Apa:

e H pila x = 3 eival 0 7°° 6pog TnNG akoAouBiag (dnAadn o ay).
e Hpila x = 1 gival 0 6° 0pog TnNG akoAouBiag (dnAadn o as).
e H pila x = -1 €ival o 5° opog Tng akoAouBiag (dnAadn o as).

Znueiwon:
To epwtnua (B.) Ba pnopouos va anavTnBei kal wg €ENG:
o, +0
1°¢ 1pdnog: S=—2—"2.10

(o]

2 cTQbI'IOQ: S=5-Su onou S,i=ai1+a+ ... +ap+ ... + a0y
KalSy1=a;+a+ ... + any

OEMA 40

a. Npens
o ¥ -2e"+3>0 (1)
OtToupE €* =y > 0 Kal £XOUME
y>-2y +3>0 (2)

Kal eneidn A =4-12 =-8<0,

npokunTel 0TI n (2) aAnbelel yia kabe yeR, dpa kai n (1) yia kabe xeR.
Enopevwg 1o nedio opiopou TnG f €ival To R.

e e-1>0© e >1 << e > e’ Enadf n ouvaptnon y = e* cival
yvnoiwg av&ouoa oto R npokunTel 6011 X > 0. Enopevwg 1o nedio opiopoU TNG

g sival o draotnpa (0,+°).

B. ‘'Exoupe:

f(x) = g(x) @ In(e*-2e*+3)=In3 +In(e*-1) &

& In(e* - 2e* + 3) = In(3e* - 3). Apa?

e -2e+3=3e-3=e¥*-5"+6=0.

OtToupe e =y > 0 ka1 EXOUPE Yy - By + 6 = 0.

AuvovTag, Twpa, Tn OsuTepoBaduIa Eiowon AauBAVOULE:
y=2ny=23.

MNa

e y=2c¢exoupe e* =2 ondte x = In2

e y=3¢exoupe e* =3 ondte x = In3

O1 napanavw pilec eival OekTEC apoU avrnkouv oTo (Ov+°0), TO OMNOi0 AMNOTEAEI
Kal TNV Topn Twv nediwv opioyol Twv cuvapTnoswy f kai g.

Y. ‘'Exoups:
f(x) > 2g(x) < In(e¥ - 2e*+ 3) > 2[In3 + In(e*- 1)] &
o In(e* - 2e* + 3) > 2In(3e* -3) &
& In(e* - 2e* + 3) > In(3e* - 3)°

Eneidn n ouvaptnon h(x)=Inx €ivar yvnoing al&ouoa oTo (0,+) npokUNTEI
oTI

e -2e"+ 3 > (3e*-3)’ = e¥-2e*+ 3 > 9e**-18e*+ 9 &

o 4e*-8e*+3 < 0.

©¢Toupe e*=y>0 kal £XOUWE:




4y’-8y+3 < 0 = 4(y —%j(y —%} <0

o (1/2) <y < (3/2) & (1/2) < e < (3/2) & "2 <y < /2,
Eneidn n ouvaptnon y = e* gival yvnoiwg avouoa oro R, npokUNTEl OTI:

lnl<x<lni<:>ln1—ln2<x<lni
2 2 2

3
XE (— In2,In Ej Opwg, €neidn xe (0,+0) AOYW TNG TOWAG Twv nediwv
oplopoU Twv cuvaptoswyv f(x) kar g(x) npokunTel OTI N AUoON TNG aviowong

3
f(x) > 2g(x) €ival To diaoTnua (0 ,In Ej

! Snueiwon: MNa Tnv akpiBECTEPN PaABNUATIKA TEKPNPiwon Ba npénel va TeOs: «n

ouvaptnon h(x)=Inx eivar 1-1 oro O+°)» ywpig, OpwG, N NApAAEIYn TOU va EXEI
BaBUOAOYIKEC ANWAEIEC.




