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ZATnHa 1o

A.1. 'Eotw a, B, y aképalol apiBpuoi. Na Osi&eTe OTI I0XUOUV Ol ENOUEVEG IOIOTNTEG:

a. Av a|B, ToTe a|AB yia kKGBe akeEpaio A.
Movadeg 4

B. Av a|B kaialy, Tote a|(B+Y).
Movadeg 4

A.2. Na ypaweTe oTo TETPAdIO 0a¢ TO ypAuLd rou avTioTOIXEl 0T owoTn anavrnon.

'EoTw a, B puaoikoi apiBuoi kal U To UNOAoINO TNG EUKAEidEIag dlaipeong Tou a PE Tov B #
0. Tote:

a. (a,B) <(B,v)
B. (a,B) = (B,v)
y- (a,B) > (B,v)
6. (a,B) =(Bw)+1

onou (a,B) ival o M.K.A. Twv QUOIKWV apiduwv a, B.
Movadeg 4,5

B.1. Na ypdweTte oTo TETPAdIO 0AC TO YPAULA rTOU AvTIOTOIXEl OTN OwWOTn anavrnon.

Av 7 | (a+5) ka1 7 | (40-B) TOTE:

a. 7| (a+pB),
B. 7| (a+B+1),
Y- 7| (a+B+2),
0. 7| (a+B-3).
Movadeg 4
B.2. Na npoaodiopicete Tov M.K.A. TwVv akepaiowv 72 kai 112.
Movadeg 4,5

B.3. Na skppdoeTte Tov M.K.A. Twv akepaiwv 72 kal 112 wG ypaupikd cuvduaoud Twv

akepaiwv 72 kai 112,
Movadesg 4

Anavrnon:

Al.
a. Eneidn a | B undpxel akepalog K, TETOIOG WOTE B=Kad, ONOTE
AB=Aka kai dpa: a | AB

B. Ensidn a | B kai a | y , unapxouv akepaiol K,A TETOIOI WOTE
B=ka kal y=Aa. Onote:
B+ vy =ka+ Aa n
(B+Y)=(k+ Aa
Apa: al|(B+Y)

A2. Anavtnon: B




B1. Eivar:
7| (a+5)

7|(40—B)}:>7| (a+5-(40-P))

onoTe: Anavrtnon: a

B2.(72,112) = (8¢9, 8 ¢ 14) = 8(9, 14) = 8 « 1=8

B3. 112 = 721 +4040=112-72.1
72 =401+ 32=32=72-40.1
40 =132+ 88 =40-1¢32
32=8¢4+0
Apa:
8= 40-1e32 =40-1(72-40¢1)
=2e40-72
=2(112-72) - 72
=-3e72+ 2112
ZATNHa 20

Ma Ta diavuopara o, diveral oTI |&|=1,

. A
B[=2 xai (a,B):%.

'EoTtw Ta diavuopaTta U :2&+3[§, v=0-2

Na unoAoyioeTe:

a. TO E0WTEPIKO YIVOUEVO O -

u

B. Ta PETPa \7| Twv OlavUoNaTWV U Kol v

>

Y. TO EOWTEPIKO YIVOUEVO Ui - V

0. TO ouvnuiTovo TNC Ywviag Twv dIavVUCHATWV U Kol V.

Andavrnon:
a. Eivar:

VAN
c?[;:|&|~‘B‘~cvv(&,[§):1-2-—:1

Movadeg 5

Movadeg 8

Movadeg 7

Movadeg 5




i* = (2a+3F) =46 +9F” +12af =4-1+9-4+12.1=52

Apa: |ﬁ|:\/§:2\/ﬁ

9 =(@-2B) =6 +4p" —4af =1+4.4-4=17-4=13

Apa: |\7 =13

Y-

iV = (2a'+3[§)(a-2[§)= 26> — 4ap +30p - 6B =

=20°—G-B-6p>=2-1-1-6-4=1-24 =23

3.

o) B B
©OON 2413413 26

ZATnya 30

Aiveral n e€iowon x> - y* + 6x + 9 = 0.

a. Na OcsifeTe 0TI N napanavw e€icwon napioTavel 2 euBsieg €4 Kal &;.
Movadeg 7

B. Na Oci&eTe OTI 01 €UBEIEG €1 KaI €; €ival KADETEG.
Movadeg 7

Y. Na Bpeite €va onpeio M(k,A) ye k>0 kai A>0 TeTOI0, WOTE TO didvuopa o = (3,K) va
gival napaAAnAo npoc Tn pia and Tig dUo €uBEieC €; Kal €, kai To diavuopa B = (-16,

4\) va sival napaAAnAo npog TNV aAAn guBsia.
Movadeg 6

0. Na ypayete TnVv €€icwon TNG NapaBoAng nou £xel Kopudn TNV apxn Twv a&ovwv O,
agova oUPUETpIag Tov agova x ' x kal OIEpXETAl and To onueio M.

Movadeg 5
Andavrnon:
a. x?-y’+6x+9 = 0
= X°+6x+9-y*> = 0
N (x+3)*-y* =0
S (x+3+y)(x+3-y) =0
N (€1):y=-x-3 n (&):y=x+3

B A, =-1, A, =1
Oonors: Ae. A -1
Apa: (g1) L (g2)




y. Eivai:
(51 =G, 1))

—

, (a’ =G, () j
n ~

B=(-16,4%-||(82)j B=(-16,41(¢,)
L L
- 3 " 3
A A
—-16 —-16
Kk=-3 k=3
S| A=-4 n |A=4
amopp. JeKTEG
Apa: M(3,4)

8. H efiowon Tng napaBoAng sivar: w? = 2px

Eneidn To onueio M(3,4) avnkel 'auTn, EXOUUE:

16 8
16=2-p-3&—=p>p=—
p 6 p p 3

Apa:

ZATnHa 4o

A. Aivetal n e€iowon x* + y*> + 6ux + 8Ay = 0, 6nou p, A npayuaTikoi apibuoi d1apopol
Tou uNdevoc. Na OcsieTe OTI, yia KABE TiPNn Twv W, A, N Napanavw e&icwon napioTAavel
KUKAO nou OIEpXETal and Tnv apxn Twv asovwv O.

Movadeg 7

B. 'EoTw OTI Yia TOug npaypaTikoUg apiBuouc Y, A 1oxUel n oxeon 3u + 2A = 0.

a. Na deieTe 671, dAol 01 KUkAoI nou opifovTal and Tnv e€iowon x> + y? + 6ux + 8Ay
= 0 vyia TIG JIAPOPEC TIMEG TWV M Kal A, EXOUV TA KEVTPA TOUC Ot £uBeia nou
OIEPXETAl ano TNV apxn Twv a&ovwv.

Movadeg 6

B. Na Bpeite Ta Y, A €101, woTe, av A, B €ival Ta onueia TOYAG TOU AVTIOTOIXOU
kUKAOU UE TNV €uBgia x + y + 2 = 0, va 1oxUel
OA -OB=0.

Movadeg 6

y. [a TIC TIUEC TwV Y, A NMou BPRAKATE OTO £pWTNUA B va UNOAOYIOETE TO £UBadOV

Tou Tpiywvou AOB.
Movadeg 6




Andavrnon:
A. X> + @? +6ux +8Ap =0 1
(x> + 6px) + (> +8Ay) =0 1
O +2-3u-Xx+9u2-9u2) + (WP +2-4N-p+ 16A2-16A) =0 A
(X +3P)2 -9 + (p + 4N)?2 - 16A2 =0 A
(X + 3u)% + (@ + 4A)% = 9p? + 16A°%.
Eneidf 9p® + 16A% > 0 yia kGBe A, g € R* npokUnTel 6Tl €ival eEicwon KUKAOU HE KEVTPO
K(-3u, -4A) kal akTiva:
p=+9u% +16A7 .
MNpogavwg ol ouvteTayueveg Tou O(0,0) emaAnBelouv Tn doopevn eCiowon.
B.
a. 'Exoupe K(-3y, -4A) TO KEVTPO TOU KUKAOU. OETOUNE

o -3 =X o | =-(x/3) kal
« A=y A=-(W/4)

Kal avTikaBioToUpe otnv 3y + 2A = 0. TOTE XOUUE:

) =

—X—%:OQ\V:—zX.

Apa £XOUV TA KEVTPA TOUG OTNV €uBeia Yy = -2x.

B. (A' AYZH)
Engidn
OA-OB=0,
npokUNTEl OTI
OA 1 OB (1)

Eneidn ta O, A kai B gival onueia Tou kKUkAou, npokUnTel Adyw TnG (1) o1 n AB €ivai
OIAUETPOG TOU KUKAOU. Enopevwg n gubeia (€) pe eEiowonx + Y + 2 = 0 diEpxeTal anod To
KEVTPO ToU K(-3u, -4A).

Onote -3y -4A+2=0 (2)

'OUWC EXOUPE 3U + 2A =0 (3

Ano To cuoTnua Twv eflowoswv (2), kai (3), BpioKoUE:

A =1 kai M:—§




B. (B' AYZH)

'Eotw OTI €ival (X4, Y1) Kal (X, Y2) Ol CUVTETAYUEVEG TwV A, B. AUTEG NPoKUNTOUV WG
AUCEIC TOU OUCTHKATOG

X’ +y® +6ux+8ky =0
X+y+2=0

x? +(x-2)’ +6ux +8A (-x-2)=0
y=-x-2

2x° +(4+6p-8)x+(4-161) =0
y=-x-2

X7 +(2+3u-80)x+(2-80) =0 (1)
y=-x-2 }
Engidn 3py +2A = 0 n (1) ypaopeTai
X2+ 2 (1 -3\ x+ (2-8A) =0.
‘ETol gival Xy + X, = 2 (BA - 1) kal Xy X, = 2 - 8A.  (2)
H oxeon Twpa OA-OB=0 ypageTai
X1 X +Y1-Y2=0n
X1 Xp+ (-X1-2) (-%2-2)=0n
X1 Xo + (X3 + X2) +2=0.
AOYW TwV OXEoEwV (2) €ival:
2-8A+2BA-1)+2=0

apa A = 1«kaly =-2/3.

y- (A’ AYZH)
ria TIG TIYEG:
2
A=1 kal p=——
H 3

H akTiva Tou kUKAOU €ivai:

2
p:\/g(_gj +16-1 =/4+16 =4/20 =245

OnoTe:
(AB) = 2p = 44/5




Enopévwg:
|0+0+2|
VIZ 412

= _4\/_ \/_ 4\;/__ =210 1. LOVAdES

E :%(AB}d(O,AB) LN

y- (B' AYZH)
ra TIG TIUEG
A=1 p=-—

Eivaixy + X, =4  kal  XiX3 = -6.

To guBadov Tou Tpiywvou OAB diveral ano:

11X n

(0AB)=—1|

|:l-|x -Xx |:
2 lyZ Zyl

2 2

1
:E| xl(_xl _2)_x2(_x1 _2)|:

1
:5| - XX, —2x, +x,x, +2x, |:

:| X =X, | =4/(x; -x)" =
:\/xlzxzz —2x,X, =

2.2
= \/x1 X, +2x,x, —4x,x, =

= \/(x1 + xz)2 —4x,x,

= 4% — 4(=6) = /40 = 24/10 T

y. (' AYZH)

MNa Tig Tiyeg A = 1, y = -2/3, n €€iowon Tou KUKAOU YiveTal:
X+’ -4x + 8y =0

O1 oguvTeTaYUEVEG TwV A, B npokunTouv and Tnv AUCON TOU CUCTNUATOG:

x> +y’ —4x+8y =0
X+y+2=0




MpokUNTEl:

(X1, Y1) = (2—\/1_,—4+\/E)
(X2, W2) = (2++/10,—4-4/10)

To euBadov Twpa Tou Tpiywvou OAB diveral ano:




